ABSTRACT. Let R be a ring and let N denote the set of nilpotent elements of R.
AMS (MOS) SUBJECT CLASSIFICATION (1970) CODES. Prary 16A48, Secondary 16A22.
i. INTRODUCTION.
Let R be a ring and let N denote the set of nilpotent elements of R. Let n be a nonnegative integer. The ring R is called a 0 -ring if the number of elements n in R which are not in N is at most n; that is, IR/NI < n. One question which suggests itself is the following: what are necessary and sufficient conditions for a given ring R to be a 0 -ring? The answer is given in the following. .3)). This contradiction shows that R is finite, and the lemma is proved.
We are now in a position to prove our main result, stated at the beginning.
PROOF of Theorem I. Let R be a 8n-ring, and let J denote the Jacobson radical of R. We claim that J is nil. We prove this by contradiction. Thus, suppose J is ,n + I, and hence S = R\N. Therefore, ISI < IR\NI < n (2.6) i aj since R is a 8 -ring. In view of (2.5) and (2.6), we see that a for some n k distinct positive integers i, j, and hence some power of a is idempotent, say a k k
Thus, a is an idempotent element of J, and hence, as is well known, a 0.
Therefore, a e N, a contradiction. This contradiction proves that J is nil. Now, if J R, then R is nil. So suppose J # R. Then R/J is a semisimple ring with more than one element. Moreover, by Lemma i, R/J is a 8 -ring, and hence n by Lemma 5, R/J is finite. We have thus shown that R/J is a finite semisimple ring with more than one element, and hence, as is well known, R/J has an idenitity. Let u be the identity element of R/J, and let N + u {n + u neN}; N is the set of nilpotents of R.
(2.7)
We claim that (N + u) n N (2.8)
For, if a e (N + u) n N, then a N and a n + u for some n N. Hence a n + u an invertible element of R/J. Thus, a is an invertible element of R/J, which contradicts the hypothesis that a e N (and hence a is nilpotent 
